Let N denote the Nevanlinna class, i.e. the algebra of holomorphic functions of bounded characteristic in the open unit disc. We study analytic conditions for a finitely generated ideal to be equal to the whole algebra N. Then we characterize the finitely generated prime ideals containing a nontangential interpolating Blaschke product. Further, we give an example of an ideal of N whose closure in the natural metric on A' is not an ideal.
A is an algebra under the usual pointwise algebraic operations and a complete metric space under the metric defined by dif, g) = \\f -g\\, where || • || is the quasinorm on A given by = lim i-¡n log+\fireil)\dt.
r^l-In J_n
It is remarkable that the scalar multiplication in A is not continuous [9] , We write SM for the singular inner function associated with the (finite positive) singular (Borel) measure p (on T). (From now on we will omit the words put in parentheses.) Every function / £ A\{0} can be factored uniquely, up to a constant of modulus 1, as f-B^LF,,
where Bf is the Blaschke product with respect to the zeros of /, Ff is an outer function, and Vt and p/ are singular and mutually singular measures [2, Chapter II, Theorem 5.5] . _ It is interesting that (1) 11/11 = \\Ff\\ + PfiT)
for every f in N [10, Lemma 4.5] .
The set A+ = {/ £ A: pf = 0} is called the Smirnov class.
The Corona Property
We say an algebra A with unit of holomorphic functions on D has the Corona Property if the ideal generated by fx, ... , f" £ A is equal to A if and only if there is an invertible element f of A with We write if, ... , fn) for the ideal of A generated by fx, ... , fn£ N.
For further investigations, for example, for the characterization of finitely generated prime ideals of A, it would be useful to have more simple "analytic" conditions for ifx, ... , f") = N. In the next section we solve this problem under an additional assumption.
The following theorem is also a consequence of Wolffs result. 
€D). i=i
The converse does not hold. The counterexample can be constructed similar to the analogous counterexample for 7/°° (see [6] Further, let z -w p(z, w) (z, w e D) 1 -wz\ denote the pseudohyperbolic distance, and let A(z, n) = {w £ D: p(z, w) < n} be the pseudohyperbolic disc with center z £ D and radius n > 0. Lemma 1. Let z, w e D and 0 < n < 1 with w £ A(z, n). Then
Proof. This follows easily from [2, Chapter I, (1.6) and (1.7)]. o Lemma 2. Let Y be a nontangential approach region and 0 < r\ < 1. Then there is a nontangential approach region T' with ljzer A(z, n) c T'. Proof. W.l.o.g. we assume T = Ta(l). Let z e T and w £ A(z, rj). With the previous lemma we get |1 -w\ \l -z\ + \z -w\ 1 -\w\ 1 -\w\
So w eF = r>(l) with ß = (a + 4)/(l -n)2 . B Let r^(l) be the nontangential approach region covering every Aiak, 1/2) according to Lemma 2. Then we have
for z in r^(l).
Together we have -log¿ \fiiz)\ < cß2 ■ i^ifjj -loga + uiz)
for every z in D. Since the right side is a positive harmonic function, Corollary 1 implies that if, ... , fn) = N. D
We call an ideal / ^ N of A free if the functions in / have no common zero. Otherwise we call it fixed.
An inspection of the proof to Theorem 3 gives the following variant of this theorem, which we use in §5. A natural question is whether the assumption made in Theorem 3 can be weakened. We show that in general the nontangential interpolating Blaschke product cannot be replaced by an interpolating Blaschke product. Proof. Let n be arbitrary and z be in Kn . For k > n we have
Analogously, we have for 1 < k < n the inequality ak-z
-akz
Together we have
The standard test [8, Theorem 15.5] , shows that the two infinite products converge to strictly positive numbers Sx (resp. S2). With ô = Sxâ2 the assertion follows, since ô depends only on c, cx, and c2. D The algebras of holomorphic functions appearing in the literature usually have the Corona Property; for example, the Nevanlinna class A, the Smirnov class A+ , the algebra H°°, the disc algebra /1(B) of functions analytic in B and continuous in B, the Wiener algebra W+ of analytic functions with absolute converging Taylor series, the algebras /I "(B) of functions analytic in B whose «th derivative extends continuously to B, and others.
Therefore, we want to give an example for an algebra of analytic functions without the Corona Property. Then the singular inner function Sv is not in the ideal (5, Sß)N+ of N+ generated by B and Sv . Proof. This is an easy consequence of the fact that A+ has the Corona Property 
